In this paper, we prove that this estimate is exact: 
Introduction
Let (β n ) n≥1 be a sequence in the unit cube [0, 1) s , y = (y 1 
Let (β n ) n≥1 be an arbitrary sequence in [0, 1) 
In 1972, W. Schmidt proved this conjecture for s = 1. For s = 2, Faure and Chaix [4] proved (3) for a class of (t, s)-sequences.
For a review of research on this conjecture, see, for example, [2] .
Van der Corput (see [3, Ref. 1891 [1, 3] . In §2 we will prove the following theorem.
Theorem. Let p
Remark. This result supports the conjecture (3). In [5] , we received a similar result for sequences obtained from algebraic lattices. In [6] , we proved a similar result for some (t, s)-sequences (see also [7] ).
Proof of the Theorem
). Using the Chinese Remainder Theorem, we get
It is easy to verify that if r i ≥ r i , for all i = 1, ..., s, then x r ≡ẍ r (mod P r ).
We consider the case x i,r i = 0 for all i = 1, ..., s. We obtain from (6) that 
Let
and
(10)
By (5) and (8), we obtain 
By (11), we get
with (1) and (9), we get
(B(y), (H s (n))˜y
Bearing in mind (13) and (14), we derive
Using (15), we have
Taking into account that M i,τ ·k ≡ (P τ ·k p
), and that p
Applying (16), we derive
where {x} is the fractional part of x. Let β ≡ 1/2 (mod 1). Hence, the Theorem is proved.
